In this paper we prove that if we take )
to be identically zero and assume that any initial value 
In this paper we always consider the spaces of vector value functions on
By applying P to the first equation of (1) and taking account of the other equations , we are let the following abstract initial value problem, Why did not they solve the above Millenium Prize Problem? Generally speaking, a mathematical structure includes geometric (topological), algebraical and ordered structures. 3 R naturally also contains geometric (topological), algebraical and ordered structures. But the most authors only used ５ analytical tools such as convergence, differential and integral. These operations involve only topological and partial algebraical structures, not involve ordered structure. It is impossible to solve the Millenium Prize Problem without jumping out of the analysis circle only by analyzing tools. The essential step in all work is to estimate the nonlinear term  u u   . We estimate the nonlinear term  u u   by using Banach lattices which concerning ordered structure. In this paper we will prove that the Navier-Stokes initial value problem (1) have the unique solution
The Navier-Stokes equation describle the motion of a fluid in
by using the theory of semigroup of operators and Banach lattices . The key lemmas are folowing lemma 4 and lemma 7. Lemma 4 ensures that we can use the theory of semigroup of operators and lemma 7 ensures that we can use ordered structure to estimate the
where  is consided as an operator operating on vector functions. If
is a velocity field then ) , , ( 
Hence
 is also the infinitesimal generator of an analytic semigroup of contraction on 
it follows that for every
on a Banach space X and assume that the restricted ).
Then  is also a infinitesimal generator of an analytic semigoup on ).
be the restriction of the analytic semigroup generated by  on )
is a 0 C semigroup of contractions . We have already noted that )
For every
From Lemma 2 and Lemma 3 it follows that
can also be extended to an analytic semigroup on ).
:
From the formula (8) and Theorem 2.5.2(c) in 【13】 we have
                       ) 0 arg : ( ) ( ) ( 2 ) ( 3 R DL p =  arg : 1     ˂  r    , 1 where 0 ˂  ˂ 2  and  . , min 2 1         Thus, for , 1     ) ( 3 R DL p I    is invertible.
From Theorem 2.5.2 (c) in【13】we have for
can also be extended to an analytic semigroup on 
In what follows we will need Banach lattice (see 【3】【10】 ). A real vector space G which is ordered by some order relation  is called a vector lattice (or Riesz space) if any two elements
have a least upper bound, denoted by g f  , and a greatest lower bound , denoted by g f  , and the following properties are satisfied:
A Banach lattice is a real Banach space G endowed with an ordering  such that    , G is a vector lattice and the norm is a lattice norm, that is
is the absolute value of f and  is the norm in .
In what follows we will need the formula (9). 
Now we study the main lemmas of this paper. 
Assumption (F). Let
The following lemma is extention of Theorem 6.3.1 in 【13】 to the infinite case. The proof is aimilar. But we still write down here.
Lemma 8. Let
A  is the infinitesimal generator of an analytic semigroup 
Step 1) From the assumption on the operator A it follows that 
that satisfies the following conditions:
1.

) (t y is continuous fot
. We will prove that Y is a Banach
(1) By the fact that
(2) By Theorem 7.11 in 【15】 we also have
A is bounded and so is continous,
. Let S be the nonempty closed and bounded subset of Y defined by
where we used (12),(14),(17) and (19) . For 
Using (22) and (23) we estimate each of the terms of (24) seperately. 
(25)
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Combining (24)-(28) it follows that for every
is a global solution of (13). 
(3)Main result
Now we study the Navier-Stokes initial value problem (1)： ２０ Theorem. If we take ) , ( x t f to be identically zero and assume that any smooth initial value     3 R for any  and .
K Then the Navier-Stokes initial value problem (1) has a global solution ) ,
Proof. ( Step1) We will find that by incorporating the divergence-free condition, so we can remove the pressure term from our equation. (see p. 3 271 in 【4】, p. 6 234 and p. 9 239 in 【13】) In fact, from Theorem 1.6(ii) in 【11】 we see that if 
So first we can rewrite (1) into an abstract initial value problem on
Let  be any bounded domain in 3 R and 
We used lemma 7 in the above third step, the formula (32) in the fourth step, the formula (9) in the fourth and fifth step. Therefore
, so there is a constant C and 0˂ ˂1 such that (34)
We used lemma 7 in the above third step , and the formula (11) and (32) in the fourth step. 
( Step 3) For every
In a similar induction way as Theorem 3.9 in 【5】or as Theorem 5.1 in 【16】we can prove that the solution 2   3  2  3  3   3   1  2   1  2   1   3  3  3   3   1  2   1  2   1   3  3 The proof is similar to Lemma 3.7 in 【5】. Therefore we can prove the following theorem in a similar way as Theorem 3.9 in 【5】 or as Theorem 5.1 in 【16】.
Theorem. The solution in the above Theorem is smooth.
We can also prove directly that the solution given by the above theorem is smooth. 
